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Modelling the Ruin of Forests under Climate Hazards
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Abstract. Estimating the risk of collapse of forests due to extreme climate events is OA_]f the challenges of adaptation
to climate change. We adapt a concept from ruin theory, which is widespread in econometrics or the insurance industry, to
design a growth/ruin model for trees, under climate hazards that can jeopardize their growth. This model is an elaboration of a
classical Cramer-Lundberg ruin model that is used in the insurance industry. The model accounts for the interactions between
physiological parameters of trees and the occurrence of climate hazards. The physiological parameters describe interannual
growth rates and how trees react to hazards. The hazard parameters describe the probability distributions of occurrence and
intensity of climate events. We focus on a drought/heatwave hazard. The goal of the paper is to determine the dependence of
ruin and average growth probability distributions as a function of physiological and hazard parameters. From extensive Monte
Carlo experiments, we show the existence of a threshold on the frequency of hazards beyond which forest ruin becomes certain
in a centennial horizon. We also detect a small effect of strategies to cope with hazards. This paper is a proof-of-concept to

quantify collapse (of forests) under climate change.

Copyright statement. TEXT

1 Introduction

s-Extreme events

such as droughts and heatwaves are climate hazards that have short and long term effects on forests. The recent accumulation of

drought/heat stress to forests might lower their resilience to future extreme events (e.g. Wigneron et al., 2020; Flach et al., 2018; Bastos et a

-1t has been observed that such events increase the chance of tree mortality (Anderegg etal., 2013)-S=<h an effect guestions
the survival of tree species in some regions of the world (Zeppel et al., 2011; Lindenmayer et al., 2¢16). The mechanisms
leading to tree mortality include complex physiological processes that can depend on the tree species and type of hazards

Most studies on tree death are based on direct or indirect observations of the tree behavior and their growth parameters.
They give precious information on the observed global response of forests to those climate hazards. But they are by essence
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25 limited to the length of the observation period, and have mostly focused on a few key observed events (e.g. Rao et al., 2019)
vhich can hinder a statistical description that would be necessary to build projectionss-or estimate risk (Field et al., 2012) as
Ajres onse to climate change. Here risk is understood as the probability distribution of a failure (e.g. irreversible damage or

The potential disappearance of whole forest or/™ Jiven tree species, due to changes in climate features can be qualified

30 as a tipping point of climate change. There kee—sClii ample literature on tipping-points tipping points of the climate sys-

tem, i.e. climate thresholds beyond which ecus,stems change behavior {(Lentonetal;2008; Levermann-etal;2012)y—Mest

WM‘ML&MMMM . These papers have defined methodologies to
35 identify climate thresholds beyond which ecosyste.., are endangered. They have bee ed to infer ti oints of forests

Reyer et al., 2015; Pereira and Viola, 2018).

40

chains—On-the-other-hand,—there-The key concept of this paper is the use of the so-called ruin theory to provide quantitative
robability of such tipping points. There have-been many papers in the econometrics literature that describe

ruin models for insurance and finance since the seminal work of | undberg (1903). A mathematical and statistical artiHery,
45 (Asmussen and Albrecher, 2010) has helped determining the optimal parameters of such models, so that insurers or investor
limit the risk of losing their investment and maximize their gain. Ruin models are used to describe the probability that a
WWWWTO the best of our knowledge this literature
has never been transpesed to environmental sciences
daily-in-insurance-and-fin 10—,
50 M@mthm paper is to-obtain-quantitative-parameters-thatdeseribe-the
-that, as opposed to annual plants, trees

are adapted to live for a long time and *~~1 should be able to survive to bad climate conditions on a given year, ~chanistic
rowth models for trees can be devised \c.g. Han and Singh, 2020) and observations of tree mortality are availablc \c.g. Choat

etal., 2012). Tree growth is affected by climate variations in various ways. Heatwaves and droughts can alter (and lower) tree re-

55 serves and the capability for growth en-next-years-during the years following a-climate event, which affects their average growth
and can increase their chance of mortality (von Buttlar et al., 2017; Sippel et al., 2018 ierecent-aceumulation-of- droughttheat
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to—xylem-embolism-that-kills-the-branches)—For this purpose, they contain a large amount of earbohydrate-and-a-structure
{branches)that-non structural carbohydrates (NSC). These NSC re¢ -1 :s allow to build rapidly; ~'~rge-surface-of leaves (po-
tential product1v1ty been-is related to this foliage area) %e&d%mgthe next yearand-proteet | mpathegen—disease-even—if
%&Mﬁm&ﬁ{%&ﬁwﬁmjhe

leaves in case of defoliation (related to frost or insects, for instance) and, more generally, provide tl ecessary energ - r
metabolism, including protection from pathogen diseases. Hence a part of annual productivity is devoted to accumulate carbo-

hydrate reserves (i.e., larger than what is necessary for the next year initiation of the vegetative cycle)and-ensure-a-structure

that-allows to-supperteaves—This-ean- As there is a competition in allocation of assimilates be'vien NSC and plant growth,
the plant does not accumulate reserves indefinitely, but tends to reach an optimum value (Barbaroux et al., 2003). Climate
hazards can reduce the quantity of assimilate allocated #he NSC (He et al., 2020). This can be caused directly by reducing.
productivity. But # can also indirectly cause o nlant dama o ke i/ em embolism. This embolism can kill trees in extreme
¢ also affects the surface to deveigy a new foliage and jeopardizes the ability to grow during the following years. So even
wivagh this effect does not directly impact NCS reserves, it induces equivalent consequences for tree growth in years following.
climate hazards. Several studies have investigated the physiological processes leading to tree mortality fres observations
Adams et al., 2009; Bigler et al., 2007; Bréda and Badeau, 2008; Villalba and Veblen, 1998; Matusick et al., 2( 1=
compare relative tree ring growth between death and healthy surrounding trees with same diameter during the years prior to
tree death, This comparison, by removing annua " nate effects, is then a good proxy of the difference in NSC reserves. These
studies conclude that dying trees have a systematic Jevel of reserves 'aer than for living trees. Hence, even if trees are not fully
depleted of NSC, there is a critical level of NSC nicor which trees cannot recover and then die. Then-these studies conelude
that moasurements-of the Jevel of NSC in trees are good indicators of possible forest die-back. NS can hiy:> be compare!
to au wsurance system when ¢ 1 year, a part of the productivity is "payed" to the insurance (i.eeai ¢ ydratereserves, NSC
for trees) but in return can be mobilized in case of damage. Then "ruin" occurs when trees-die-because-of-carbonstarvation
the level of NSC reach a critical

level under which the probability of tree death on the short term beeesre, very likely. This loosely justifies a parallel between
insurance and tree systems.

At present, full sizemechanistiq models of tree growth forced by large ensembles of climate simulations (e.g. Massey et al., 2015)

=oauire gcomputing —ver that limit=he™*ume of numerical experiments that can be performed to estimate ==*zbty probability
swadibu 005, s B> way we opted w ucvise a simplified model, from the Cramer-Lundberg toy m

The goal o1 wis paper is to formulate a simplified model of tree growth and the impacts of climate hazards, which can
be interpreted as a ruin model, and sake-ensemble simulations 2 *hat-medel in order to evaluate its sensitivity to hazard
parameters.

. These studies
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OurHeneeous study investigates the probability of “ruin” of a population of trees that are subjected to heat and drought
stress. We-introc .« a-In this context, (tree) ruin is reached when the carbon reserve, geesundes a critical threshold that no
'~~ger guarantee” *he growth of trees. This concept of ruin can be appl ' ‘o a forestir «1eral. bu' 0 to a given tree species.
vauch means tha wis species will disappear from the forest but that a forest with other more tolerant species can still survive,

Section 2 introduces a growth/ruin model for trees based on g Cramer-Lundberg ruin model, and disesss the interpretation of
its parameters (section 2.1). Section 2.2 introduces a simple tr =« rowth model based on the Cramer-Lur /b rg ruin model for

insurances (Embrechts et al., 1997). We investigate its properties in order to evaluate the occurrence of ruin (i.e. disappearance
of-trees-when trees stop growing) within a fixed horizon, due to the impacts of extreme events, under various climate ehange
seenartos-scenarios. Here, the term "horizon" is "1+ naximum (finite) period for which simulations are made, which in practise,
can be viewed as the end of the 21st century. This approach is meant to tackle quantitatively the issues of tipping points o
eottapse-of ruin for a specific field (forestry), although this—eeuld be extended to other domains. By, quantitative; we-rean
that-we-determinethe probability distributions of key ruin param:i=:s (e.g., time of ruin and averag .. sitalcarbon reserve).
Unlike the Crame .- ndberg ruin model, our tree model cannot be solved expheithy and =~ willresert-te extensive numeric

simulations, as— standard sample for the insurance industry has to contain more ‘h-n ruv  members for prepes probability

estimates.

of-its-parameters—In-seetion-In section 3 we detail the meteorological data that are used to construct a hazard-function-damage
function (due to climate hazards). Section 4 explains the experimental protocol for the analyses. The results and interpreta-
tions are developed in section 5. An Appendix is devoted to the development of a drought index based on precipitation and
temperature.
2 Methods

2.1 Cramer-Lundberg ruin model

This section introduces the key concepts to-of ruin models. The insurance industry uses such statistical models to determine

the premium priees;rates in order to
the-eapital-vanishes)—avoid ruin (hove: bankruptcy) when hazards occur. Those statistical models are based on the simple
Cramer-Lundberg model (Asmussei and recher, 2010; Embrechts et al., 1997), which can be formulated as:

R(t) = Ro+pt—S(1), (1)

where R(t) is the insurance capital at time ¢, Ry > 0 is the initial capital, p > 0 is the premium rate that is collected every year
t, and S(t) > 0 is a damage function that represents the (random) losses to hazards that occur up to time ¢. The only random
part of the model in Eq. (1) stems from the toss-damage function S(¢). A ruin is declared and the process is stopped when

R(t) <0.If S(t) is always 0, then the capital grows indefinitely. The literature on ruin theory describes how the probabilit
distribution of R(t) depends on hypotheses on hazards conveyed by the random damage function S(¢).


AroraV
Cross-Out

AroraV
Inserted Text
Our

AroraV
Cross-Out

AroraV
Inserted Text
its

AroraV
Cross-Out

AroraV
Inserted Text
reserves

AroraV
Inserted Text
continued

AroraV
Cross-Out

AroraV
Inserted Text
fall below

AroraV
Cross-Out

AroraV
Highlight
True in principle but you can't do this until you have species specific parameter values for your model. Please reword this sentence if you want to keep it.

AroraV
Cross-Out

AroraV
Inserted Text
the

AroraV
Cross-Out

AroraV
Inserted Text
discusses

AroraV
Inserted Text
time 

AroraV
Cross-Out

AroraV
Inserted Text
the concept can 

AroraV
Cross-Out

AroraV
Inserted Text
Here

AroraV
Cross-Out

AroraV
Cross-Out

AroraV
Inserted Text
implies that

AroraV
Inserted Text
are determined explicitly

AroraV
Cross-Out

AroraV
Inserted Text
analytically

AroraV
Cross-Out

AroraV
Inserted Text
 are therefore used.

AroraV
Cross-Out

AroraV
Inserted Text
A

AroraV
Cross-Out

AroraV
Inserted Text
robust

AroraV
Cross-Out

AroraV
Inserted Text
i.e. there

yiou
Note
OK.

yiou
Note
OK

yiou
Note
OK.

yiou
Note
OK.

yiou
Note
OK. Sentence rephrased.

yiou
Note
OK. The sentence is rephrased and completed.

yiou
Note
OK.

yiou
Note
OK.

yiou
Note
OK.

yiou
Note
OK.

yiou
Note
OK

yiou
Note
OK.

yiou
Note
OK.

yiou
Note
OK.

yiou
Note
OK.

yiou
Note
OK.

yiou
Note
OK.

yiou
Note
OK

yiou
Note
OK.


130

135

140

145

150

155

One can be interested in the behavior of the system before a finite horizon T > 0, e.g. a few decades. We define the ruin
probability W befere horizon T' by:

U(Rg,p,T)=Pr(R(t) <0, forsome T >t > 0) )
and the ruin time 7( Ry, p,T) by the first positive time when ruin is reached:
7(Ro,p,T) = inf{t > 0, R(t) < 0}, 3

where inf A is the infimum value of the set A. Since S(t) is a random preeessvariable, we are interested in E(7), the expected
value of 7 with respect to the random variable S(¢). If ruin never occurs during simulations of R, then E(7) = co. Actors in
insurance companies try to estimate the smallest p-rate-premium rate p from expert knowledge esn, the probability distribution
of S(t) in order to avoid ruin, which-would-as it is assumed that the lowest p would make then riore attractive to clients
and-henee-wounld-sive them a lead in the competition against more greedy companies (which are subject to the same hazares
damages S(t)).

In several instances, there is no acceptable value for p to prevent from ruin, i.e. the probability distribution of the expected
value of 7 can be lower than the value T' (say, with some low probability). This is why insurance companies resort to re-
insurance to avoid bankruptcy after unexpectedly large losses S(t).

The lesses-damages S(t) are generally represented as a random sum of random variables:

N(#)

St) =" X, “4)
k=1

where N (t) is a Poisson random variable that accounts for the number of hazards occurring up to time ¢, and X}, are random

variables that account for the cost of each hazard. zgvli()viggguiisvwvvwwtrilthiSY—m to express the number of events that occur

=1 fixed period of time. Hence, the probability distribution of N (¢) can be wiiiten:

_AT

Pr(N(t)=n)= , )

T€
where A > 0 is called the intensity of the Poisson distribution. The mean and variance of the Poisson distribution are .

The probability distribution of X} can be modeled by an extreme value law, like a generalized Pareto distribution (GPD)
(Coles, 2001; Embrechts et al., 1997), when a hazard variable exceeds a high threshold u. The GPD describes the probability

distribution of a random variable X when its value exceeds a threshold u:

_ —1/¢
Pr{st|X>u}:[1+§<qu>] ; (6)

where ¢ > 0 is a scale parameter and £ is a shape parameter that states how fast extremes grow. The parameters of the Poisson

distribution for N (t) and the GPD distribution are estimated from prior information, e.g. observations or expert knowledge.
There is ample statistical literature in finance on the relation between 7 and the probability distribution of S (Embrechts

et al., 1997; Asmussen and Albrecher, 2010). In practice, estimates of F(7) or an optimal p can be obtained by simulating the

model of Eq. (1) and estimating empirical probability distributions.

-
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The notion of finite horizon T is useful when considering that an investment (in the insurance sector) is made for a finite
time. We will be interested in generating many finite sequences of S(t), corresponding to a sample of all possible T-long

trajectories.
2.2 A ruin model for trees

The goal of this sub-section is to adapt the Cramer-Lundberg model in Eq. (1) to formulate a simple tree growth model that

explicitly takes into account a elimate-hazard-damage S(¢) due to a climate hazard, such as drought and heatwave.

Here R(t) is the non-structural carbohydrates (hereafter called reserves) that allow tree growth at the beginning of the

vegetative-period, assume that trees spend a {12 :tion of their resources—to-grow-roots—and-leavesreserves to grow_ their

different plant oj<2:'s (e.g. roots, stem, leaves...), depending on their previous state. We-As stated previously, we also assume
that tree resources are bounded by a maximal value R,,,x (Barbaroux et al., 2003). The value of R« sets the scaling of the

reserve R(t). In the rest of the paper, the reserve will be expressed in percentage of R with values between 0 and 100 %.

There have been observations of legacy effects of drought hazard on the tree growth during the year after the drought
(Anderegg et al., 2015b). This effect depends on the tree species. Because of this-deereased NPPnet primary production (NPP),
we assume that it also affects the allocation to carbohydrate reserves. Hence, the yearly NI'P - llocated to reserves p(t) depenc

on the climate hazard damage that occurred during the previous year S(t —1):
p(t) =po— BS(t—1), )

where py is the optimum average yearly net primary production (NPP) of a population of trees allocated to reserve; and B > 0
is a memory factor of the damage function. More generally, py represents the fraction of NPP allocated to R when '1s itself
optimum. But it has been observed from in-situ measurements that the total NPP decreases the year after a hazard (Anderegg
et al., 2015b). In general, this is related to the fact that plants have lower leaf area and/or and increased respiration cost related
the investment to repairing tissues or defensive costs. So Eq. (7) does not represent a change in the fraction of total NPP
allocated to reserve, but the fact that the total amount of carbohydrate allocated to reserves decreases because of the decrease
of total NPP, assuming that the fraction allocated to R is unchanged. In principle, the value of py can depend on the tree species

We hence introduce a new growth/ruin model for trees that describes the carbon reserve R variations with time:
R(t) =min[(1 —b)R(t — 1) + p(t) — S(t), Rinax) , 8)

where b > 0 is the fraction of previous resources (at time ¢ — 1) devoted to growth. P~ a steady state system, b is equal to pg
In this model, the parameters b, B and Rp,ax are called physiological as they desctioc tree growth. We define tree ruin when
R —= 0, (i.e. NSC reach a critical low level where tree death become almost certain.

_a this paper, we suppose that the type of hazards that can affect tree growth (or survival) are summer droughts (Allen et al.,

2010; Choat et al., 2012; DeSoto et al., 2020). In Europe, major summer heatwaves are often concomitant with droughts.
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This combination of climate factors creates a stress to trees, which lowers their NPP and can destroy branches and leaves and
impacts their growth and reserve. Other types of hazards could also be considered (storms, pests, etc.). We-deelare-thatrainis

The hazards do not necessarily occur every year: they arrive at times ¢ that felew-—can be modeled by an exponential
distribution with parameter A (Coles, 2001). Thus the inter-arrival times follow a Poisson distribution with a mean value of 6 =

1/A (the average return time of hazards). This description is rather generic in-standard-quening-models(Feller—1950%has been

widely used in atmospheric sciences or statistical climatolo . von Storch and Zwiers, 2001; Smith and Shively, 1995).

When climate hazards occur (at random times), the corresponding damage S(t) is written as:

N(#)

=3 X ©)

Ap, is a normalizing constant that translates the climate hazard conveyed by X}, into damage to R(t). N(t) is the number
of hazards (e.g. the number of very hot/dry days) during year ¢ and follows a Poisson distribution with parameter A. X}, are
climate variables like a drought index for heatwaves or wind speed for storms during hazards, and follow generalized Pareto
distributions (GPD), with scale parameter ¢ and shape parameter £. The GPD describes the probability distribution of X when
it exceeds a high threshold u (Coles, 2001). The parameter of the GPD (o and &) and the occurrence of events (A and A) are
called the hazard parameters.

When no hazard occurs, S(t) = 0. If b= 10 (no use of reserves for growth), B =0 (no memory of previous hazard) and
N(t) =1 (only one hazard at a time at most), then the model in Eq. (8) simplifies to the Cramer-Lundberg ruin model (Eq.
(1)), in which N (¢) follows a Poisson distribution of parameter A. If hazards never occur (i.e. S = 0 at all times), then R(t)
converges t0 (1 — b) Rax-

The parameters of the Poisson distributions for N (¢) and the Pareto distributions for X}, can be estimated experimentally
from meteorological observations or climate model simulations. The growth parameters = -» and Rp,,x in Eq. (8) can be
obtained from tree physiology databases (Allen et al., 2010; Cailleret et al., 2017) and shouiu ve adapted to tree species.

The difficult part is to estimate scales for the values of A and B. It has been observed that tree species can have differing
strategies to face heat and drought stress (Adams et al., 2009; Teuling et al., 2010): some tree species grow in spite of the hazard
during year ¢. this-This can be achieved by maintaining stomatal aperture to maintain photosynthesis (anisohydric strategy)
increasing the risk of embolism (Mitchell et al., 2013) or changing allocation to maintain growth of branches and root at expense
of carbohydrate reserves (van der Molen et al., 2011). In both cases, these trees "pay" the next year, even if there is no hazard
because ——mtaimmng-the plant growth wit-be-occurs at expense of foliage surface and plant protection on next year (van der
Molen e ar., 2011). Fhose-aretrees-withrimterammat-Treme— “onversely other tree species stop growing during hazards (by
stomatal closure to avoid embolism (isohydric strategy) or wamtain allocation to reserve at the expense of other pools) =+,
For these trees, the-nnpact-on-gmwtthTﬁTe-yem-Ufhazm'dTS-rrnporta—I “ut this hazard hag = 1mpactr — the next year. 1nuse

" trees-without-interannual-memery, Even if the two strategies are wwre general strategics than anisuuydric/isohydric (as it

aiov includes possible change in alloc (< n to growth/reserve), in the following we will use the terms anisohydric/isohydric as it
is widely used to describe different responses to drought. It is possible to represent the different strategies in the model through
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the parameter B. Henee-the first-anisohydric strategy G-e—naintaininggrowthinterannualmemeory) can be represented by high
positive value of B in E :.(7). Conversely the secend-isohydric strategy G-e—eenservative;ne-es o+ 4 can be represented by
B close to 0 in Eq. (7). We will investigate the sensitivity of the ruin probabilities to these tree strategie: . | ierefore, to simplify

things;-making-the terminology, we make a parallel with an insurance system: if B =0, s pay "cash" on their reserve (S(t)
then will-betarge-is large when hazard occurs); if B > 0 ~trees allow for a "credit" ¢ the next year (S(¢) is reduced put

wilt-impactimpaetsthe possibility te-usereserve-ennextyear). Mitchell et al. (2013) notic - i1 1t inreality-there is a contin
between the two strate which can be represented by the- 2" egivenby, B. The values of B are chosen so that the average
value of damages (i.e., the expected value of (1 + B)S(t)) is a constant. This constant gives the scale of the impact parameter
Ap.

In this paper, the values of A, and B are arbitrarily chosen to scale with- 2= 2xpected behavior of trees. The range of those
parameters could be estimated from in situ observations or expert knowledgc. w1 this proof-of-concept paper, these parameters

are considered to be normalized and do not have units.

2.3 Sample trajectories

simplicity, we normalize all the parameters to the optimum level of reserve R(t) fixed the an arbitrary value of 100. So
= 100. likewise R(t) = 0 which is the value for tree ruin, as explain in introduction, do not necessarily means a totall
depleted NSC reserve but a level for which the probability of tree recovery becomes very unlikely even for good weather
condition, and trees will die in the short term. (Barbaroux et al., 2003) evaluated the seasonal evolution of NSC for beech trees.
The amount of NSC in July (which correspond to the minimum of the NSC cycle) reaches 75% of its maximum. Hence we
assume that annual allocation and use of the NSC is 25% of the total (i.e. m» =25 and b = 0.25). Likewise He et al. (2020)

drought. Then we took A, = 1.2 so that damages scale to ~ 20. The hazard parameters are o = 0.1, £ = —0.2 and threshold
u =1 (from the GPD distribution of a drought index), and A = 10 days and A =5 years for the hazard arrivals. The model

was run with memory parameter values of B = 0 (isohydric or "cash") and B=+5+B = 0.4 (anisohydric or "credit"). We
simulated 10 trajectories with those parameters. For each ensemble, we computed the average of the reserve function R(t)
before it reaches R(t) = 0. We selected four trajectories with the 95th, median and 5th quantiles of the average reserve function,
and one of the trajectories with a ruin —(i.e. ruin time is 7 < 100).

Figure +ab-shows the time series of the damage S(¢) and th =+ serve R(t) functions for those four key trajectories, when
B =0 (“eash ‘i« hydric). As the shape parameter £ is negative, the damage values S(¢) do not yield a large variability —Fhe

i.e., unbounded). The statistical properties of all trajectories of S(¢) are supposed to be similar, as they are drawn from the

same probabilistic laws. Therefore, we chose to show only two trajectories for S(t): one that achieves ruin (in red) and the

one with the median value of the /2(¢) mean. In this experiment, the reserve averages for the 5th, median and 95th and-median
quantile trajectories are respectively 42-69-and-72-74, 84 and 88 reserve units.
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iegre 1. Sample of feur-time series of simulations of S(t) (upper panels) and R(t) (lower panels) for B = 0 (“eash“isohydric: panels a
~2Cb) and B=+5-B = 0.4 (“eredit"anisohydric: panels ¢ and d). The blue-red lines are-the-show sample trajectories of .5-S(t) and R-that
simalations)ruin. The black lines are-indicate traje es of S(t) and R(t) (for B =0 and B = 0.4) that achieve the trajeetories-median of
2. XSth-quantide-mean of Rg/llv\llfwtr\gj,ewt()riesof]%@. The orange and blue lines are-for-in panels b and ¢ show the Sth-quantile-trajectories
of RM\M. The red-ines-isfor-trajectories-with-rain—The-horizontal detted
dashed lines indieate-of the mean—-R{#)-values-lower panels (b and c) represent the means of the seleeted-represented trajectories, for times

before ruin.

Figure 1c,d shows the time series of the damage S(¢) and the reserve R(t) functions for four key trajectories, when B=-+5
“eredit"B = 0.4 (anisohydric). The damage function yields the same statistical properties but the scaling is different so that
the integrated damages are similar in both cases: the hazard is scaled so that the damage at year ¢ is distributed over ¢ and

t+ 1. On this sample of simulations, the reserve averages for the 5th, median and 95th quantiles and-median-trajectories are
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respectively 42-69-and-72-75, 84 and 88 reserve units. Hence, the reserve Hefysm}af*akheuglﬁhefuﬂﬁrmefeu%&eeeuf
%a{eﬁhwﬁewaﬁabﬂﬁ}#e#avera e values seem very similar in both TIWNR( ) issmoetherasB=1-5

higher for B =0 (
these-differences—U = 4 - 10~2) than for B = 0.4 (U = 1.5-10~2). In both cases, ruin is a rare event for those physiological

is larger than 100 years. This justifies our

statistical approach of simulating a very large ensemble of trajectories, as the key difference between tree strategies lies on
small probability that is difficult to assess from observations.

A-

A physical evaluation of the model is in principle difficult. The main reason stems from the nature of the phenomenon that
is modeled, which does not occur very often. The ruin of insurance companies hardly ever occurs for a complete validation of
the Cramer-Lundberg model, and this could be a heuristic argument that it works (at least for that domain of application). In

practice, a lot of data have been collected from death-dead trees and from surrounding trees still alive to evaluate how death
dead trees behave, years before they die (e.g. Villalba et al. (1998), Bréda and Badeau (2008)). Hence difference-differences

of tree rings wid .! etween dead and living tree-trees “*~t allow to remove the influence of annual climate condition) can

be considered as a good proxy of tree reserves. Cailltice et al. (2017), for-instanee mnde—a—synthesis—of existing-data—and
investigated-tree-ring-growth-years-before-tree-death*=2se data en differential tree growui £ -1 ISC, under various
climate hazards. Itis-interesting-to-notice-thattherers 1 nere is a { 0o | agreement between our simulatec 2/ lution of reserves in

case of ruin (Figure 1b,d) and observed evolution of i i ingrelative tree ring growth before tree death.
In particular Cailleret et al. (2017) show that in the-majority-of-the-a majority of cases, there is an observed relative decrease

=% arowth {(compared-to-healthy-trees)-between twenty to fifty years before death, which is esherent with our simulations. A

3 Data

The goal of this section is to provide climate constraints on the parameters of the hazard function S(t).
3.1 Observations
Meteorological data were taken from the European Climate and Data (ECA&D) database (Haylock et al., 2008). We used

daily maximum temperature (TX) and daily precipitation (RR) from Berlin, De Bilt, Orly, Toulouse and Madrid stations. This

10
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Table 1. Distribution-Range of seate-values of parameters for the damage function S(#) from the Iy drought/heatwave (upper-panetHW)

index computed for the five stations. The GPD thresholds are the averages of the 95th quantiles of the index for the five stations. The GPD

scale and shape ttewer-paneh-parameters Wof the {yvﬁﬁdiwgmwm for Berlin; De Bilt;-Orly; Toulouse-and
Madrideach of the five stations. The tee S als-ranges of the estimatesGPD parameters take the

uncertainties into account.

Parameter, Interpretation Average value range.
Y GED threshold 17 3]
g GPD Scale 0.15 [0.08;0.2]
£ GPD shape =032 =0:45;20.2
A Return period of HW events (years) 8 2,15

choice was motivated to cover a rather large range of European latitudes and longitudes over western Europe. We considered

data from 1948 to 2019 (> 70 years of daily data). T=ase datasets yield less than 10% of missing observations.
3.2 Drought/heatwave damage index

We consider the drought/heatwave index [y defined in the Appendix A, based on precipitation frequency and temperature

from the ECA&D database. This index is computed over five ECA&D stations (Berlin, De Bilt, Orly, Toulouse and Madrid).

Quite a few drought indexes already exist. On the one hand, the most relevant ones are based on soil moisture, but they do not
cover a period that it long ¢ gh to determine the GPD parameters of its extremes. On the other hand, indexes that use well
measured meteorological variables (e.g. temperature and precipitation) are not fully adapted to reflect drought (see Appendix
A). Therefore, this justifies the development of an index es which we can infer the GPD parameters of the damage function

From the Spring-Summer variations of this index, we determine the Generalized Pareto Distribution parameters of the daily
Iy index, when the (daily) values exceed the 95th quantile. As the daily values are temporally correlated (by construction,
as the indice is a running sum), we consider the maxima of clusters above the 90th quantile and determine the number of days
that exceed the 95th quantile threshold. This procedure is advocated in the textbook of Coles (2001).

The values and standard errors of the GPD parameters (threshold, scale and shape), and the Poisson parameters for the

duration and return periods of events are shown in figare-2?--Table 1. The values of the GPD parameters are consistent with
the existing literature (e.g. Parey, 2008; Kharin et al., 2013).

We considered the range of parameters obtained from the 5 stations and their uncertainties, and took a conservative envelope
u1 dhose parameters and their lower and upper uncertainties. From those ranges of parameters, we can simulate Generalized

Pareto distributions for the damage function in the model of Eq. (9).

11
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4 Experimental design

The physiological parameter in Eq. (8) are fixed to =0:05;p="5b = 25, pg = 25 and Ryax = 100. We simulate N = 10°
trajectories of R(¢) of 100 years, with an initial condition of R(0) = 60.

For each trajectory, the parameters of the damage function S(t) are randomly sampled with a uniform distribution with a
range that is estimated from the heat/drought stress indice Iy (in Sec. 3). The bounds of the uniform distributions are given
ir “tle 1 -which-are conservative bounds-of Figure 22,

r1um those ensembles of simulations trajectories we determine the average of reserve R(t) before ruin (R), and the time of
ruin T, (if it ever occurs). By construction of the model, R(t) evolves between 0 and 86-100 (the optimal reserve) and Tyyin

is between 1 (immediate ruin) and 100 (no ruin within 100 year simulations).

The large number of trajectories (10°) helps investigate the dependence of (R) and T}, on the parameters of .S, namely o,

&, Aand A (see table 1).

5 Results

The dependence of the ruin time on the four damage parameters is shown in Figure 2 when B = 0. Each boxplot depicts the
probability distribution of ruin times for a given value of a parameter, and a random combination of other parameters.

Figure 2 highlights the fact that the system can shift from a "no ruin" state to a probable ruin in a century, with rather small
parameter changes of the frequency of »~* days (either the frequency of dry/hot summers, or the number of dry/hot days during
a hot summer). The dependence on the scale parameter o and the shape parameter € is rather weak (Figure 2cd). The prescribed
range of variations of those GPD parameters is small in absolute values. The GPD threshold « has an important impact of the
ruin time, as the probability distribution of ruin times shift from a median on 100 years to a median value of 70 years within a
6% change of the threshold u (Figure 2e).

We define a bifurcation of ruin probability when the median ruin year 7 becomes less than 100 years. From this experiment
(B =0), we find that a "no ruin/ruin" bifurcation occurs when a return period threshold of -9 years is crossed (Figure 2a)
is crossed. If we focus on the last 20 years in western Europe, extreme summer heatwaves and droughts occurred in 2003,
2006, 2018 and 2019. This might imply that European forests with trees that yield those physiological parameters are close a
threshold of ruinpositive ruin probability.

The threshold on the number of hot days per summer is 14 days (Figure 2b). This parameter controls the magnitude of the
random sum in S(¢), because the daily hazards X}, yield a bounded tail (£ < 0). This means that if the length of heatwaves

can exceed 14 days, tree ruin becomes significantly likely before the end of the 100 years. Such an event occurred in 2018 in

Europe (Yiou et al., 2020).

12
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Figure 2. Dependence of probability distributions of ruin year 7 as a function of drought/heatwave (HW) return periods A (a), number
of hot days during summers A (b), GPB-fit-sealg ;1 (c) and GPD fit-shape £ (d), and threshold u above which damage S(t) is triggered
(e). Experiments for B = 0. For each value of tt ntrol variable, a boxplot is given. The horizontal thick bar of boxplots represents the
median (¢g50) of the distribution. The boxes boundaries represent the 25th quantile (¢25) and the 75th quantile (¢75). The upper whiskers are
min[max(7),1.5 x (¢75 — ¢25) + ¢50]. The lower whisker has the symmetric formulation. The points are for data that are above or below

the whiskers.

The probability distribution of the average reserve before ruin (R) is shown in Figure 3 for trees with B = 0. This figure

highlights that (R) weakly depends on the GPD parameters of the damage function (Eigure-3ed). The average reserve strongly

13
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Figure 3. Dependence of probability distributions of average reserve before ruin (R) as a function of drought/heatwave (HW) return periods
A (a), number of hot days during summers A (b), GPD fit scale x (c) and GPD fit shape & (d), and GPD threshold u (e). Experiments
are for B = 0. For each value of the control variable, a boxplot is given. The horizontal thick bar of boxplots represents the median
(g50) of the distribution. The boxes boundaries represent the 25th quantile (¢25) and the 75th quantile (¢75). The upper whiskers are
min[max({R)),1.5 x (¢75 — ¢25) + ¢50]. The lower whisker has the symmetric formulation.

depends on the return period of heatwaves and the number of hot days during heatwaves and the GPD threshold u (Figure
3abe).
Figure 3a shows that when damages (due to droughts/heatwaves) occur too often (low return periods of events), then the

trees do not have enough time to build enough reserves to face the next extremes.
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The behavior of tree growth when B—lﬁ%&edft—)ﬁs—vefbe 0.4 (anisohydric) is qualitatively similar to the one with

higher-thanthe "eredit"simulationsisohydric) (Figure 4). The bifurcation thresholds for A is 6 years, 16 days for A\, and a GPD
threshold « value of 3. This suggests a higher resilience of trees with interannual memory (B > 0), as the bifurcations occur

for higher values of A, \ and w.
In a second set of experiments, we maintain the scale and shape parameters constant: ¢ = 0.1 and £ = —0.3. The other

hazard parameters are randomly sampled within the range as indicated in Table 1. As observed in Figure 2ab, a transition from
a median ruin time of 100 years (i.e. no or unlikely ruin) to a ruin time 7 < 100 years appears for return times of events A near
8-years;-between 6 and 10 years, for duration of events \ of+4-dayser-between 12 and 16 days, and for a GPD threshold u of
2-75-between 2.25 and 3. Therefore, we focus on the probability distributions of ruin times and reserve near those thresholds,
for the “eash™isohydric (B = 0) and “eredit(5B—-4-5anisohydric (5 = 0.4) simulations.

Figure 5 summarizes the probability distributions of ruin times and reserve for simulations for all simulations, and simula-
fions nearA-=8-yearsand-A=Tt4-dayswith hazard values A € [6,10] years, A € [12,16] days, and v € [2.25, 3]. On the whole,
wie probability of ruin ¥ for B =0 is =~ 0.53, which ¥ =~ 0.47 for B = 0.4. Figure 5a shows that the “eredit"—simulations

generally-anisohydric simulations (B = 0.4) yield a larger median value of ruin time (between3-and-8-years-100 years vs 74
ears for B = 0). This means that a—eredit-an anisohydric strategy leads to a slightly-longer life expectancy. The differences

in the reserve, are-hard-to-see-from-shown in Figure Sbr-altheugh-significant-with-a-. A Kolmogorov-Smirnov test (von Storch

and Zwiers, ) -indicates a significantly higher value of average reserve for B = 0 (83 vs. 81, p-value < 10~15). The differ-
ences amount to ~ 2 units of reserve, which is small compared to the optimal value —Weﬂet&fha{—eash—eB—eﬁnﬂﬂ}aﬁeﬂs

GleballyOn the whole, those results show the dependence of the ruin time on the coping strategy: smoothing the damages

over two years increases the rain—time, for various scenarios of extremes (return time, length and intensity). However, the
response of the reserve depends on tl = = wrameter-of-extreme: a higher frequency (or lower return period A) favors “eash™
isohydric strategies, w the intensity (linked to the duratior. o+ 1ighest value) slightly favors “eredit—anisohydric strategies.
Thtorefore, there is no binary response of this type of model to the hazard parameters, and this emphasizes the potential

uuulinearity of tree response (Flach et al., 2018).

6 Conclusions

This paper presents a paradigm based on ruin theory to investigate tipping points ercellapse-to-aruinoftrees by estimatingthe
. . M M M de{‘ (1 q‘]’]ﬂ{iﬁ‘e‘ltieﬁ
. We described the vulnerabilit

of an idealized forest by its probability of dying through the loss of growing ability, and illust -i~ I a statistical methodology to
identify climate parameters that control sain-time; This proof of concept was applied to tree growth; but it could be extended
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Figure 4. Dependence of probability distributions of ruin year 7 as a function of drought/heatwave (HW) return periods A (a), number of
, GPD fit scale i (c) and GPD fit shape & (d)
Experiments for B = 0.4. For each value of the control variable, a boxplot is given. The horizontal thick bar of boxplots represents the

median (¢50) of the distribution. The boxes boundaries represent the 25th quantile (¢25) and the 75th quantile (¢75). The upper whiskers are
75 —

hot days during summers A (b , and threshold u above which damage S(?) is tri

min/max(7),1.5 X 25) + ¢50]. The lower whisker has the symmetric formulation. The points are for data that are above or below

the whiskers.
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threshotd+—=2-75GPD thresholds of 2.25-3.

scales. A careful determination of the physiological parameters of the model, from in situ observations, is necessary for an

operational application. Such a task would be a project in itself.
The example we took permits-helps to make decisions on forestry from a priori information on climate change. The model

we treated only accounts for one type of natural hazard. Others (including storms or fires) could be included, although the

recovery rate (or "strategy") must be adapted to each type of hazard.
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We have investigated how variations of the hazard parameter-parameters affect the damage function and the probability of
ruin. H-appears—that-the most critical parameters are linked to the frequency of extreme events and average intensity, which
affect the rate of recov( ©vHf the trees.

We have examined the impact of "strategies" to cope with extremes. Although small, this impact has a “**‘erential effect on
ko average tree reserve and the probability of ruin: with-this-medel; trees that have an average lower pruvavility of ruin also
uave a lower average reserve, if the hazard frequency changes (Figure 5). If the hazard average intensity changes (longer or
more intense), then trees with a lower probability of ruin also have a (slightly) higher reserve.

This subtlety shows the richness of this model, and emphasizes the need to have a proper definition of the hazard, (Cattiaux
anu nibes, 2018) and how hazards change with time, =*:ch is the topic of extreme event attribution (National Academies of
Sciences Engineering and Medicine, 2016).

This study has obvious caveats. The growth/ruin model js exceedingly simple and does not reflect real trees, as the Cramer-
Lundberg does not reflect the complexity of the insurance <c« ror. The proposed tree model is mainly a proof or concept, which
~~-ld-be-enriched-with-other-bio-physicalingredients, Nevertheless, a key point is that however complex, a ruin model should
ue simplifiable to a Cramer-Lundberg model.

Many mathematical papers have described the exact properties of the Cramer-Lundberg model (e.g Embrechts et al., 1997,
for a review). Our tree ruin/growth model violates some of the simple assumptions of the basic Cramer-Lundberg model,
namely the time independence of R(t) in the “eredit-anisohydric mode. ‘s forbids explicit formulas of ruin times. This is
why we resort to extensive numerical Monte Carlo simulations. Those siuiuations (= 10° trajectories of 100 years) take less
than 4 1 on a 12 core computer,-which-helps-circumventing-this-mathematical shertcoming.

The di 1< ht/heat stress indice we eenstraeted is also rather crude and could be refined, although it was only designed to
uuwermine parameters of a Pareto distribution, a ¢ ve did not use it anymore in the study because we simulate random laws
(Pareto and Poisson) with parameters that are experimentallynumerically determined from the indice. All simulations were
performed in-a-stationarymede, albeit with random selections of parameters. Nonstationary simulations could be envisaged
to explicitly take climate chang =1 to account. Data from climate model simulations could-~ee be used to sirrulate-hazardy

.g. Herrera-Estrada and Sheffield, 2017; Massey <t al., 2015). This is left g future

studies.

Some of the parameters (especially the impaetsealing)}we used were chosen heuristically. Finer in situ studies and expertise

wuuld be necessary to tune those parameters tg each tre = < ecies.

Code and data availability. The simulation code and sample data to produce the drought index are available from https://zenodo.org/badge/

DOI/10.5281/zen0do.4075163.svg
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Appendix A: Drought/heatwave index definition

As this paper is more a proof-of-concept for a ruin model than a detailed study (which will be performed later), we consider
simplified drought/heat hazard index that can easily be computed from climatological observations. We are interested in an
index that reflects a compound event (Zscheischler et al., 2020) with extended dry period and high temperatures. There are a
few indices of drought or aridity that consider precipitation and temperature (Baltas, 2007). The index of De Martonne (1926)
normalizes cumulated precipitation and average temperature:

P

_ Al
T+10’ (A1)

Ipum

where the numerator is the esmulated ~~~cipitation and 71" is the mean temperature (in Celsius). This index was used to de-
termine drought zones. Time variatiois uf this index can be obtained by considering;~='y yearly or seasonal averages of
precipitation and temperature. The +10 term in the denominator of Eq. (A1) is ad hoc w scale the respective variations of
precipitation and temperature. Droughts are obtained with small values of this index (low precipitation and high temperature
values).

Although easy to compute, this simple index yields a few drawbacks. The main one is that it mainly reflects wetness,
not drought. Most of of its variability is connected w ne variability of precipitation and the upper tail of its probability
distribution. Therefore seasons with little rain produce little variability in the index. One way to circumvent this would be to
invert the index (i.e. consider 1/Ippy). This is still not very satisfactory because the value of Ip s for summers with notoriously
dry heatwaves (e.g., 1976 and 2003) in Europe are just within the average and do not show anything special, contrary to what
is expected (Ciais et al., 2005).

Thus, we propose an alternative drought index, still based on daily precipitation and temperature. For a given day j, we
consider D; the frequency of precipitation: D; = 0 if precipitation P; > 0.5 mm/day, D; = 1 if P; < (0.5mm/day. We then

construct an aridity index based on the weighted drought frequency and temperature.

Iyy(t)= Y Tjx(D;+a)Aexp(—(t—j)/30) (A2)
j=t—30

where ¢ is time (in days), a > 0 is a scaling constant (similar to +10 in Eq. (A1)) and 7} is maximum daily temperature (TX
in ECA&D (Klein-Tank et al., 2002)). A ~ 30 is a scaling constant to ensure that the sum of exponential weights is 1. In this
paper, we chose a =1 after a few tuning tests to verify that the index yields high values during notoriously dry years (e.g.,
1976, 2003 or 2018).

This daily index is analogous to the inverse of the De Martonne index. One refinement comes from the exponential weights
that give more importance to recent days than remote days. We can then compute the monthly median, upper quantiles and
maximum of Iyv. We compute this index by starting on March 1st, as it is generally when the tree phenology resumes after
the winter season, in the Northern midlatitudes. The daily index is computed until September 30th, when the vegetative cycle

is almost finished.
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With this new drought index, the extreme drought/heatwaves of 1976 and 2003 do become exceptional, as expected from the
literature (Ciais et al., 2005). Figure A1 compares the precipitation, temperature, de Martonne index and the new Iy index
for temperature and precipitation observations in Orly (near Paris, France). The precipitation or number of dry days do not
yield extreme values for years with notorious heat stress in France (e.g. 1976, 2003 or 2019), as they are close to the 25-75th
quantile values (Figure Adbdy. Therefore, the De Martonne aridity indice does not yield particularly extreme values for those
years (Figure Alc).

To better evaluate how the new index defined was a pertinent indicator for impact of climate on vegetation stress, we used
the ORCHIDEE land surface model (Krinner et al., 2005) to simulate both the soil moisture and tree net primary production
(NPP). We made a simulation using the ERAS land atmospheric reanalyses at 0.1°x0.1° resolution (Hersbach et al., 2020)
for the gridcell including Orly between 1981 and 2019. Atfex, a spin-up of 200 years using the first 10 year of the forcing,
the simulation was done for the entire period. The variations (:/ <)il moisture serve as input for the hazard function and are a
refinement over precipitation only. As an indicator of vegetation damage, we consider the number of days for which NPP is
below the 10th quantile (0.15 gC/day/m?), which indicates a "risk zone" for trees (Fig. A1f).

We find a significant (negative) correlation between the percentage of dry days and relative humidity for the 1981-2019
period (Fig. Alc), with r = —0.7 and p-value < 10~%. The NPP variation are significantly (anti) correlated with the Iy index
(r = —0.7, p-value < 10~°). The percentage of days for which NPP is below the 10th quantile corresponds to the exceedances
of the Iy index above a high threshold (Fig. Ale). Therefore, we believe that the choice of this index carries a physical
meaning and can be used as a proxy to compute the parameters of a damage function.

We computed this Iy indice on five stations from ECA&D (Klein-Tank et al., 2002): Berlin, Orly, Toulouse, De Bilt and

Madrid. Those five stations cover a large part western Europe.

Author contributions. PY and NV co-constructed the growth model. PY designed the ruin model simulations. NV computed the relative

humidity and NPP indices for validation. PY made the figures. Both authors contributed to the text.
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Figure A1. Variations of indices for Orly. Horizontal dashed lines for ¢25 and ¢75 quantiles. The vertical red lines are indicate 2003. a:
Average (March to September) temperature in Orly. b: Average (March to September) precipitation in Orly (thin line); scaled De Martonne
index (by 28) (thick black line). c: percentage of dry days between March and September (black line) and relative humidity (thick blue line).
d: March to September mean of Iy index. e: Daily maximum of Iy index (black line) and scaled number of days when NPP is below the

10th quantile (thick blue line). f: NPP variations in Orly from an ORCHIDEE model simulation forced by the ERAS reanalysis.
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